1. Introduction. Let Ω be an open, nonempty subset of the complex plane, and let dA be two-dimensional Lebesgue measure. The Bergman space of Ω, L^(Ω), is the Hubert space of those functions / which are analytic on Ω and which satisfy I/I dA < oo.
Let H°° denote the algebra of functions which are bounded and analytic on the open unit disk U.
For any domain G in the plane, define the Caratheodory hull of G, G*, to be the complement of the closure of the unbounded component of the complement of the closure of G. If G is a component of its Caratheodory hull G*, then G is said to be a Caratheodory domain. Caratheodory domains are simply connected (cf. for example [14, Lemma 2.13] ). An old theorem (1934) of Farrell [6] and Markusevic [8] (G). Here, and for the remainder of this paper, we use the letter G to denote a bounded simply connected domain in the plane.
Preliminaries. Let
. 
(S) extends to a function / e L^(int K).
One way to see that the components of intK are simply connected is to combine Lemma 7.1 of [18] with Theorem 5.1 of [7] . This generalization of Theorem 3.1 provides an extension of a result of Sinanjan [20] who showed that the polynomials are dense in L 2 a (S) if S is a bounded Caratheodory set. (S is a Caratheodory set provided it is the union of some of the components of S*.) Rubel and Shields have actually shown that for a bounded Caratheodory set S the polynomials are weak-star sequentially dense in H CO (S) ; that is, each /e //^(S) is the pointwise limit of a uniformly bounded sequence of polynomials (cf. [14, Theorem 3.2] ). Note that it's a simple matter to combine the result of Rubel and Shields with Hedberg's result to obtain Sinanjan's result.
We turn now to a proposition which yields a necessary condition for the polynomials to be dense in L If φ is a weak-star generator of H°°9 then it's easy to see (for example, by using LatΓ z = LatΓ φ ) that T φ is cyclic with cyclic vector 1. John Akeroyd [1] has produced examples of cyclic analytic Toeplitz operators whose symbols are not weak-star generators. In fact, he has shown that if φ maps U univalently onto a crescent bounded by two internally tangent circles, then T φ is cyclic with cyclic vector 1. That a crescent is not the image of a weak-star generator follows from [16, Corollary 2] . Corollary 3.6 above provides further examples of cyclic analytic Toeplitz operators. There are bounded simply connected domains G such that the polynomials are dense in L 2 a (G) (hence in L 2 a (G,(l -Iφ" 1^) ! 2 ) dA)), but G is not the image of a weak-star generator. For example, Mergeljan and Tamadjan [10] (cf. also [3] ) have shown that if sufficiently many slits are put in the unit disk, one can obtain a domain G such that the polynomials are dense in L 2 a (G). Once again, Corollary 2 of [16] shows that the disk with these slits is not the image of a weak-star generator of H°°. Corollary 3.7 extends a result of Roan [13] by providing additional examples of composition operators with dense range.
REMARK. It's easy to see that if C φ has dense range or if T φ is cyclic, then φ is univalent on U and univalent a.e. on C.
